
 

Tht UniformContinnonTh Let AE 112be bounded
Elk

N closed XoC A whenever Ho is the limit of some
seq in A Then f A IR is as if it is Mif Uts
Pf Trivial

Use the B w Th t seq wilt
im fr uts

as done ni the class

Th 2 Let A E IR d lit f A IR be an if ok
Then it maps any Candy re Ay a Candyseq
the converse is not true

see Th 2 b below

Th I Let 0 A E IR t f A 7 IR Each

ofthe following cases 1a Cbs implies that

f mapseveryCandyseq in A to
a Cauchyseq

Cat A b closed t f ni it
b f ri un if cts

proof b Suppose that f ni umif its on A and
but xn be a seq in A

d bae Candy We

wish to show that flow b Cauchy To do

this but E o Shiu f ni un it UE F S o s t

x u eA Ix n k r Heel tank E

Fwthis 8 F N EN s t



I Hn Xm K S H m m N

and it followsfrom I that

f xn ft Xm K E t m n 3N
noting x a C A f k Thu f xn ni wideed a

candy seq
a Suppose It is closed a tub Let xn be

a req
ni A By CompletenessofIR Xu x EIR

for some x fire A is closed this x belongs to A

Shiu f b its at a it followsfrom the Seq
Criteria

that f xn fey and hence fans to Canty

any cmv seq
b Candy GR

Th 3 Unif G Extension
Let f la b IR ke

un if uh Then it can beextended unit continuously

to a D

ft Let Xo C a b Then F a req xn ni
El a b

a b convergent to
do Sine Xn is Candy

and f is un if its on la b it followsfrom
Th 2

that Lfland is Candy and
hence converges

we denote the limit by f KD This is well defined

and f is then its at Ko To shownthis it is



sufficient byseq wi wi w A show that

tinyflynt flaco

where Cyril is another seq mi la b convergentto do
We nthe that the combined Sey

mi la D
Xi Yi 212 Ya B Yz

also converges to do so Candy and hence

byTh 2 again
f KD fly flan flat flat fly37

is also Candy and hence converges
to a limit

which should be equal to the limit of its

subsequences so to fKo consequently f b its at
no

f Eb tinyfun1 hnmf yn
Finally byTh l the ex Ended fmitin

hi can it cts on a b

Th E Let 0kA ER and

I let IR l b the limitof a
convergent seg ni A

th m A C I by looking constant seq Then

each unit its funchin on It can be extended

unit cts on It
proof Ex Hint similar as fr Th3


